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If the number of trials is at all numerous, these limits axe
narrow and the purport of the inversion of Bernoulli's Theorem
may therefore be put briefly as follows. By the direct theorem,
if p measures the probability, p also measures the most probable

value of the frequency ; by the inversion of the theorem, if

measures the frequency, - also measures the most probable
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value of the probability. The simplicity of the process has re-
commended it, since the time of Laplace, to a great number of
writers. Czuber's argument, criticised on p. 351, with reference
to the proportions of male and female births in Austria, is based
upon an unqualified use of it. But examples abound throughout
the literature of the subject, in which the theorem is employed in
circumstances of greater or less validity.
The theorem was originally given without proof, and is indeed
incapable of it, unless some illegitimate assumption has been
introduced. But, apart from this, there are some obvious objec-
tions. We have seen in the preceding chapter that Bernoulli's
Theorem itself cannot be applied to all kinds of data indiscriroin-
ately, but only when certain rather stringent conditions are ful-
filled. Corresponding conditions are required equally for the
inversion of the theorem, and it cannot possibly be inferred from
a statement of the number of trials and the frequency of occur-
rence merely, that these have been satisfied. We must know,
for instance, that the examined instances are similar in the mpin
relevant particulars, both to one another and to the unexamined
instances to which we intend our conclusion to be applicable.
An unanalysed statement of frequency cannot tell us this.
This method of passing from statistical frequencies to prob-
abilities is not, however, like the method to be discussed in a
moment, radically false. With due qualifications it has its place
in the solution of this problem. The conditions in which an
inversion of Bernoulli's Theorem is legitimate will be elucidated
in Chapter XXXI. In the meantime we will pass on to Laplace's
second method, which is more powerful than the first and has
obtained a wider currency. The more extreme applications of
it are no longer ventured upon, but the theory which underlies
it is still widely adopted, especially by French writers upon
probability, and seldom repudiated.